By using p-adic q-integrals on Z p , we define multiple twisted q-Euler numbers and polynomials. We also find Witt's type formula for multiple twisted q-Euler numbers and discuss some characterizations of multiple twisted q-Euler Zeta functions. In particular, we construct multiple twisted Barnes' type q-Euler polynomials and multiple twisted Barnes' type q-Euler Zeta functions. Finally, we define multiple twisted Dirichlet's type q-Euler numbers and polynomials, and give Witt's type formula for them.
Introduction
Let p be a fixed odd prime number. Throughout this paper, Z p , Q p , and C p are, respectively, the ring of p-adic rational integers, the field of p-adic rational numbers, and the p-adic completion of the algebraic closure of Q p . The p-adic absolute value in C p is normalized so that |p| p 1/p. When one talks about q-extension, q is variously considered as an indeterminate, a complex number, q ∈ C or a p-adic number q ∈ C p . If q ∈ C, one normally assumes that |q| < 1. If q ∈ C p , one normally assumes that |1 − q| p < p −1/ p−1 so that q x exp x log q for each x ∈ Z p . We use the notations Z/dp n Z,
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X * 0<a<dp a,p 1 a dpZ p , a dp n Z p x ∈ X | x ≡ a mod dp n ,
1.2
where a ∈ Z lies in 0 ≤ a < dp n . For any n ∈ N, μ q a dp n Z p q a dp n q 1.3 is known to be a distribution on X cf. 1-28 .
We say that f is uniformly differentiable function at a point a ∈ Z p and denote this property by f ∈ UD Z p if the difference quotients have a limit l f a as x, y → a, a cf. 25 .
The p-adic q-integral of a function f ∈ UD Z p was defined as
cf. 4, 24, 25, 28 , from 1.6 , we derive
where 
Multiple twisted q-Euler numbers and polynomials
In this section, we assume that q ∈ C p with |1 − q| p < 1. For n ∈ N, by the definition of p-adic q-integral on Z p , we have
where f n x f x n . If n is odd positive integer, we have where E q n,w 0 E q n,w . By using the hth iterative fermionic p-adic q-integral on Z p , we define multiple twisted q-Euler number as follows:
Thus we give Witt's type formula for multiple twisted q-Euler numbers as follows.
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Theorem 2.1. For each w ∈ T p and h, n ∈ N,
where
2.10
From 2.8 and 2.9 , we obtain the following theorem.
Theorem 2.2. For w ∈ T p and h, k ∈ N,
E h,q k,w l 1 ··· l h k l 1 ,...,l h ≥0 k! l 1 ! · · · l h ! E q l 1 ,w · · · E q l h ,w .
2.11
From these formulas, we consider multivariate fermionic p-adic q-integral on Z p as follows:
2.12
Then we can define the multiple twisted q-Euler polynomials E h,q n,w x as follows:
From 2.12 and 2.13 , we note that
Then by the kth differentiation on both sides of 2.14 , we obtain the following.
Theorem 2.3. For each w ∈ T p and k, h ∈ N,
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Note that
Then we see that
x .
2.17
From 2.15 and 2.17 , we obtain the sums of powers of consecutive q-Euler numbers as follows.
Theorem 2.4. For each w ∈ T p and k, h ∈ N,
E h,q k,w x l 1 ··· l h k l 1 ,...,l h ≥0 k! l 1 ! · · · l h ! E q l 1 ,w · · · E q l h−1 ,w · E q l h ,w x . 2.18
Multiple twisted q-Euler Zeta functions
For q ∈ C with |q| < 1 and w ∈ T p , the multiple twisted q-Euler numbers can be considered as follows: 
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By the kth differentiation on both sides of 3.2 at t 0, we obtain that
From 3.3 , we derive multiple twisted q-Euler Zeta function as follows:
for all s ∈ C. We also obtain the following theorem in which multiple twisted q-Euler Zeta functions interpolate multiple twisted q-Euler polynomials.
3.5
Multiple twisted Barnes' type q-Euler polynomials
In this section, we consider the generating function of multiple twisted q-Euler polynomials: 
4.1
We note that
By the kth differentiation on both sides of 4.2 at t 0, we obtain that
Thus we can consider multiple twisted Hurwitz's type q-Euler Zeta function as follows:
for all s ∈ C and Re x > 0. We note that ζ By the kth differentiation of both sides of 4.6 , we obtain the following theorem.
Theorem 4.2. For each w
∈ T p , a 1 , . . . , a h ∈ C, k, h ∈ N, and Re x > 0, E h,q k,w a 1 , . . . , a h | x 2 h q n 1 ··· n h / 0 n 1 ,...,n h ≥0 −1 n 1 ··· n h q n 1 ··· n h w n 1 ··· n h a 1 n 1 · · · a h n h x k ,
4.8
From 4.8 , we consider multiple twisted Barnes' type q-Euler Zeta function defined as follows: for each w ∈ T p , a 1 , . . . , a h ∈ C, k, h ∈ N, and Re x > 0,
We note that ζ h,q k,w a 1 , . . . , a h | s, x is analytic function in the whole complex s-plane. We also see that multiple twisted Barnes' type q-Euler Zeta functions interpolate multiple twisted Barnes' type q-Euler polynomials at negative integers as follows. For each w ∈ T p , a 1 , . . . , a h ∈ C, k, h ∈ N, and Re x > 0, 
5.4
By 5.2 and 5.4 , we obtain that
From 5.5 , we can define the l q w,χ -function as follows:
for all s ∈ C. We note that l q χ,w s is analytic function in the whole complex s-plane. From 5.5 and 5.6 , we can derive the following result. 
5.7
Lee-Chae Jang By using the same method used in 2.8 and 2.9 ,
5.9
From 5.9 , we can give Witt's type formula for multiple twisted Dirichlet's type q-Euler numbers.
Theorem 5.3. Let χ be a Dirichlet's character with conductor
and n ∈ N ∪ {0}, we have
where χ x 1 · · · x h χ x 1 · · · χ x h and
5.11
From 5.10 , we also obtain the sums of powers of consecutive multiple twisted Dirichlet's type q-Euler numbers as follows. 
5.12
Finally, we consider multiple twisted Dirichlet's type q-Euler polynomials defined by means of the generating functions as follows: 
5.14
Clearly, we obtain the following two theorems. 
